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LI MO PAU

Trong tai liéu truedce cua toi vé “phwong phap ép tich” da phan cac ban da

tiép thu t6t va van dung t6t. Thé nhung van con mot s6 ban chua hidu duec
noi dung phuong phap.

Chinh vi thé, tdi sé tai ban lai phiong phap theo mot cach méi~Chac ¢han
véi phién ban nay cac ban sé ti€p thu tot va no sé la mot phwong phap nhé
dé€ cac ban dang dé€ hoc tap va ren luyén phuc vu cho ky thi THPT.Qudc Gia
nam 2016 dong thoi sé& hd tro cho cac banvhoc cap THPT.

Nhu cac ban da biét, phwong phap ép tichla viéc bién ddi mot phuong
trinh hay mot bat phuwong trinh vé cac phwong trinh tich d€ tir d6 giai cac
phuong trinh co ban. Phwong phap ép tich/hoan toan dwa va viéc cac ban
im ra biéu thitc ghép véi can thire phti hop nhat, dong thoi ap dung hang
dang thirc co ban ma ching ta da duoehoc & chuong trinh 16p 7 d€ xtt 1 cac
phuong trinh. Cong viéc tim biéu'thire, ghép voi can thiic ciing chinh la tim
biéu thitc lién hop nhu trongphwrong phap lién hgp ma cac ban dwoc hoc.
Viéc tim biéu thitc phit hop @€ lién hop.sé dwoc tdi phan tich va huéng dan
cu thé cho ting loai.

Thuc chét cia phweng phap ép tich ciing khong c6 gi mdi, né twong tw nhw
phuong phap liémhop hay dat an phu khong hoan toan nhung no lai c6
nhitng wu viét riéng ctta né. Va no sé dap ting duogc tat ca phuong trinh
chita mot'can thire mot cach nhanh gon. Viéc chitng minh lwong con lai
cting sé khong con phtic tap d6i voi phwong phap ép tich.

Coban la vay. Mong r@”mg tai liéu sé thuc sw c6 ich cho ban doc. Du da tim
hiéu va nghién ctru nhung khong thé tranh khoi nhitng thiéu sot nhat dinh.
Cling xin cac ban bo qua cho.

Trong qua trinh doc tai liéu néu cac ban c6 thac mac hay gop y xin gui vé

Thiét ké va teinh I)C\llj béi Dl'ngm Quéc Dﬁnq
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TOAN HO

TAC GIA
Pham Quéc Pong — Email: quocdonggh@gmail.com - SDT: 01698699020

CHU Y : DAY CUNG CHUA PHAI LABHIEN BAN PUOGE TAI BAN
MA PAY CHI LA BAN CUA TRUOC PAYaSAU,KHI TAC GIA THI
THPT QUOC GIA XONG. BAY GIO PANG RAI DE.CAC BAN CHUA
BIET SE PUQC HOC HOI
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I. CO SO PHUONG PHAP
Chung ta biét rang v6i phwong trinh c6 dang:

Ya(x)+1(x)=0

C6 nghiém tai X=2a va ta s€ luon dua vé duoc dang M —h(x) =0
Khi d6 phuwong trinh sé teong duong [FO0+h(x)]+ [\/W h(X)]

Va diéu dac biét la trong f (X)+h(x) sé&ludn chita 9(x)—h"(x)

Nén khi d6 ta sé phan tich f(X)+h(x)= AX)[ g(x)~h"(x) ]

Ma ta lai c6: 900 ~h"() =B()({/90) ~hE)

Nhu vay véi phuwong trinh ban dau ta sé luon bién doi vé dwoc:

A(x)B(x)(m —h(x))+(m —h(x)) P (\/@ —h(x))[A(x)B(x) +1]=0

Néu [A(X)B(X) +1] vAn con nghiém thi ta tiép.tuc nhu trén. Nhung néu vo

nghiém thi viéc chiing minh [AX)B(X).+1]%%6 nghiém 1a cong viéc khong
hé khoé véi nhitng danh gia co ban.

Ngoai Ié: Ta ludn co
f (x)+h(x)

A(X).=
= 00— ()

Céc dai lwong:
g(x) Laham ¢é.bac nho hon bac bon
f(x) Laham'\co bac nho hon bac sau
h(x) \Latham bac nhat, bac hai hoac la h.%mg sO
A(X) . [ia ham co bac nho hon bac ba
B0 La luong lién hop cta Y9(x) -h(x)
n Chi s6 can, thwong la can bac hai, can bac ba, can bac
bon

Trén day la co so nén tang cho phwong phap.
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II. HUONG DAN TiM NGHIEM VA NHAN TU CHUNG

Van dé nay c6 1€ da tran lan trén mang, ai hoc vé CASIO d€ giai phuong

trinh chac da déu biét. Chinh vi vay, tdi cling khong néi cu thé van dé nay.

1. Tim va lwu nghiém cua phuong trinh

Budc Noi Dung Cach Bam

1 | Nhéap biéu thirc vao man hinh

va nhan @

2 | Nhan “Shift’ va “SOLVE” &

%

3 | May hién “Solve for X” ban chon

gia tri nghiém trong khoang. Roi

sau dé nhan @

4 | Luu nghiém ( vi du lwu vao bién 5 R
A) -

Vi du: Giai phwong trinh

Vx+2=2x>+x-8

Buwoc 1:

Math A

{2 = 25 +5-8)
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Buwdc 2: Nhan “Shift” va “SOLVE”

S0l we fu:nr*mk-i
1
2 (22 48] ‘2
o L-R= [

m Math A

A*H

2

2. Tim nhan t& chung.
Thuong thi ta sé& st dung d6i véi nhitng nghiém v ty. Bang cach st dung
chitc nang TABLE cta may.
Lwu y: Doi v@inmiy fx — 570 VN Plus thi cidc ban nén dung mot bang thoi.
Bo kich hoatibang g(x) nhé!
Vao vanidé chinh, & day minh luu nghiém vao bién A nhé.
Bwdc 1: Nhap biéu thiee: A% + AX vao mdy roi nhan “ ="
Budc 2: May hién “Start?” Minh thwong cho “ — 14” cho né day du, cac ban

c6 thé nhap 16n hon. Sau &6 nhan “ ="
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Budc 3: May hién “End?” tic 1a két thic & dau? Ban nhap “14” hy. Cai nay

)

minh khuyén dung. Sau d6 nhan “ ="
Budc 4: May hién “Step?” ban nhap “1” vi minh tim s6 nguyén ma. Ro6i
nhdn “=".

Mady hién mét cai bang. Ban do trong do6 thay ¢ cot f(x) ra sO nguyén thi lay
nhé!

Nhung cai nay cng c6 han ché véi nghiém ma 1é ki€u can trong can nhé
Va mot diéu quan trong nira! la & Buwdc 1 doi khi ta phai ting hé 86 ctia A

1én nhé. Nhung treong hop nay ciing itkhi gap lam.

Con day la vi du:

XB+x=x*+1)Vx+1+1

DO nghiém ta dwgc nghiém x = 1.618 . ... taluu vao bién A

434w (%Z+1) AT
(= 1.61a03a%s

Buwoc 1:

Math

f ==+
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Buoc 2:
m Math
start’
|
Buwoc 3:
m Math
Engd?
R
Buoc 4:
1 Math
atepy
| |
Va két qua:
D] Math
| BT
=] .
15 ol 2.E18 .

Vay nhén tt chung la: x* —x — 1
C6 mot sO ban thac mac rang: “Tai sao dwa vao cai bang nay chang ta lai

suy ra nhan t& chung nhw thé?”
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R4t don gian vi ban dau ching ta cho: f(x) = A% + AX (v6i A la gid tri
nghiém)

Giastvidutréntacd f(-1) =1hay A2 -A4=1©A*-A-1=0
Nén ta dé dang quy ra nhan ti chung la x% — x — 1

Do A ¢ day la gia tri nghiém hay ttc 1a bién x ma ta can tim.
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III. HUONG DAN TiM BIEU THUC LIEN HOP.

Vian dé chinh cha yéu la nam ¢ day !!!!

Viéc nay ai hoc phrong phdp lién hop r6i chac sé rat 1a thanh thao. Nhung
minh van nhic lai nhé.

1. Voi phuong trinh m§t nghiém nguyeén.
Néu 1a 1 nghiém thi cht yéu 1a ta sé thay thang vao vV xem ra-gia trinio
roi 1dy V' trix cho s8 do.
Tuy nhién trong mot sO truong hop phuong trinh cé nghiém nguyén va
nghiém d6 la nghiém kép. (cach phat hién.nghiém kép thi minh chia sé réi
nhé! Co gi INBOX hoi minh)
Ta s€ tim biéu thtic lién hop nhw thé nao day:
Rat don gian, taluéncéa = (V ),khi c6 a i ta thay vao phuong trinh
ax+b=+ tasétimrab

Thé'la xong!!!

D6 1a hwéng dan. Bay gio di vao vi du cu thé:

Vx+2=2x*+x-8

Ta dé dang do duoc nghiémex = 2
Ta sé cd nhan tiela: vx+2 — 2

Thém vi du nira....

2(x2—9x+10)Vx—1+x3—-8x2+6x+85=0

Dé thay phuong trinh c6 nghiém kép x = 5
Vay ta co: a = (\/x — 1)’ taix =05
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= (f5-T), =

Math A

.25

1 So tar B 1 — _3
Suyraa =, Thayvaota:5.,+b=2 Suyrab =

4
Vay ta s€ co nhan tir: vx — 1 — (%3)
2. Voi phuong trinh c6 hai nghiém nguyén
Ta c6 biéu thizc lién hop ¢6 dang: ax + b = Vi

Thay lan luot gia tri cua hai nghiém do6 vao can 16i giaihé bac nhat hai an ta

Ta dé dang do duoc nghiém x =0 va x\= 3

_ b =
Tfrdétacéhé:{oa‘l’b_l@{

3a+b=2

Vay ta s€ luon cé nhan.te: vx + 1 — (T)

3. V6i phuong trinh c6 hai nghiém 1é nhung tich, tong lai la s6 dep.
biéu dau tién dwong nhién la lvu hai nghiém d6 vao hai bién A B ro6i.
Ta van c6bidtthizc lién hop c6 dang ax +b =+
Vagiaihétim a, bthoi
P& don'gian ta sé nhap vV vao man hinh rdi tinh gia tri cia V' tai A ra
két qua ta luu tai C. Tinh tai B ra két qua ta luu tai D

Aa+b=C

Liic d6 ta c6 h¢ phwong trinh: {227~ 1

Thé la xong!!!
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4. C6 mét nghiém lé
Co 1é cach tdi wu nhat do 1a lai st dung TABLE
Nghiém luu vao bién A r6i nhé!!!!
Budc 1: Nhap biéu thite: V' + Ax vao mdy roi nhan “=”
Buwdc 2: May hién “Start?” Minh thuong cho “-14” cho n6 day du, cacban
c6 thé nhap 16n hon. Sau d6 nhan “="
Budc 3: May hién “End?” ttc 1a két thac 6 dau? Ban nhap “14” hy..Cai nay
minh khuyén dung. Sau d6 nhan “="
Budc 4: May hién “Step?” ban nhap “1” vi minhtim s6 nguyén ma. Roi
nhén “="
May hién mét cai bang. Ban do trong@d thay ¢ cot f(x) ra sO nguyén thi 1ay
nhé!
Trong mot s6 treong hop ta phai ting hé sdleta vV
Cach nay c6 thé thdy rang tong quat va\bao trium cac cach trén. Nhung moi
cai s€ c6 wu nhuoc ctia riéng/minh. Néu cé thoi gian ban thit xem tai sao

minh noéi thé nhé. Con day la vi'du:

(x+4)Vx+2=x3—x*—-x-75

Do nghiém tadugc X = 3.3 .....

Math

E}i+4lu'3'i+ —(%5 -y
ﬁ_E EDE?TEE-E%
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Buwoc 1:

T I o

Két qua cudi cung ta co cai bang:

Math

0!
Ll |
302"
BOSS

mun

-1

Vay ta ludn cé nhan tee: vx + 2 — (x> 1)

D6 la minh phan tich riéng. Trong motsd phuwong trinh né bao trum tat ca

cac nghiém lé nguyén thi cac ban nén'tu duy dé cho ra cach lam t6i wu nhat
nhé.
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TOAN HOC

IV. AP DUNG NHU THE NAO????

Trudc hét ching ta sé diém qua mot sd hang dang thikc thuong st dung

trong phuong phap nay:

a’ —b?>=(a+b)(a—b)
a3 — b3 = (a — b)(a? + ab + b?)
a3 + b3 = (a + b)(a? — ab + b?)
a* — b* = (a + b)(a — b)(a? + b?)

Bai 1: Gidi phwong trinh [0001]
(7x —9)V7x — 10 = 2x3 — 7x?% + x‘

Huong di:

Do nghiém ta duwgc nghiém la: {2; 5}

Van dung nhung diéu vira hoc & trén, ta dé tim ta biéu thtkc lién hop la
= =

satb=5 b

Vay phuong trinh sé c6 nhan ti: V7x — 10 — x

Mat khac ta luén co:

(V7x —10 — x)(¥V7x — 10 — x) = —(x*> — 7x + 10)

Co so “ep tich” cling la ¢ day.

nghiém he: {

Loi giai:
2X(X? = 7x+10)+(7x=9)(x~7x=10) =0
& 2X(X=7X=10)(x+47x=10)+(7x~9)(x—7x=10) =0
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@EI(%IKI Tpuq cap ngay: www, ephcl'l.com
—m)(zx +7x—9+2xm)=o

Do 2x2 +7X—9+ 2x7X—10 >OVX>170

Phuong trinh teong duwong: V7x-10=x< x*-7x+10=0<x=2vx=5
Vay S={2;5}

Bai 2: Gidi phwong trinh [0002]
(x+4)Vx+2=x3—x*—-x-75

Hudng di:
Do nghiém ta duoc X = 3.3

Str dung cach tim biéu thtic lién hop 6 trén. Ta dé dang tim dwoc phuong

trinh sé cOnhantevx +2 — (x — 1)
Mat khac ta co:

(x+ —(x— 1))(x+2+(x—1))=—(x2—3x—1)
Loi giai:
Diéu kién: x > —2

Phuong trinh twong dwong;:

2—4x—1+(x+4)(x—1—\/ﬁ)=0 <:>(x+1)(x2—3x—1)+(x+4)(x—1—ﬁ):0
<:>(x+1)(x -1- \/ﬁ_)(x l+\/ﬁ) (x+4)(x -1- JXT)
@(x—l—m)((x+l)M+x +x+3):0

Ta co: (x+1)Vx+2+X* +x+3>0 Vx> -2

Phiron trinh twong duong: x-1=x+2 < {Xz _;(Xz_ll_ 0 X" 3+;/1_3
Véjy S:{3+;/1_3}
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TOAN HOC'@

Bai 3: Giai phwong trinh: [0003]
10x2+3x—6—-23x+1)/2x2-1=0

Hudng di:

Do nghiém ta duwgc X = 1.39 ..... luu vao bién A nhé!

Vanghiém X = —0.82 ..... luu vao bién B nhé!

Va con nghiém X = 0.72 ..... lwu vao bién C nhé!
A+B=1é

Nhan thdy: { 8

AB = -2
7

Nhung d€ y rang: 7(A + B) = 4
Ta c6 thé tim nhan t& bang cach giai hé theo cach & muc I11.3
1

Va ta dé dang giai ra: {a T2
b=1
Bay gio ta c6 thé tim dwa vao TABLE ( Muc I11.4 nhé!!!)
Ta dé thdy v6i X = 1.39 ..... thi ta dwoc: 2v2x2 — 1 — (x + 2)
O day ta phai ting hé s6 & V2xZ — 1 1én 2
Voi X = —0.82 .... ta cing tim duoc: 2V2x2 —1— (x + 2)
Riéng voi X = 0.72 ..... thi ta tim dwoc: 2V2x2 —1—-(2x—1)
Pén day ta co thé phan tich theo hai hudng, toi sé phan tich theo mot
huong cac ban thir phan tich theo huong kia nhé!!!

Mat khac ta ludn co:

(Zx/ZxT—(x+2))<2m+(x+2))=7x2—4x—8
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L01 1ai:

biéu kien: Xe (—oo; —Q} u{ﬁ ; +oo]

2 2

Phuong trinh teong duong:

7x2—4x—8+(3x+1)(x+2—2JF—1j=o
@(3x+1)(x+2—2MJ—(X+2—2MJ(X+2+2JF—1]=o
o x+2—2Mj[(3x+l)—(x+2+2Mﬂ:0

PN x+2-2Mj{2x—1—2Mj=o

_2+2\15
22X% 1 =x+2 7x2—4x—8=0 X=
= =
2x-1= 22x2 1 4x2+4x—5=o ~1+./6

X =

Thtr lai ta dugc nghiém ctia phuwong trinh la:

S:{zizﬂ_s_—lwé}
72
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TOAN HOC'@

Bai 4: Giai phwong trinh [0004]
2x% +5x—1="7/x3 —

Hudng di:
Do nghiém ta dugc nghiém: X = 6.449 ..... (luu vao A) va X = 1.55 ... (Luu

vao B).

Oa!!! nhan thay: {

AB =10
A+B=38
No6i chit ciing chang d€ lam gi :D!!!

=>Nhan t¢ sé cd la: x* —8x + 10 = 0.

C6 1& ta nén tim biéu thikc lién hop bang cach giai hé:
Aa+b=C a=3
&
{Ba+b=D {b=—3
Ngoai ra ban ciing c6 thé tim thong qua TABLE ©

Dé dang biét sé c6 nhan tir 1a: Va3 — 1 — (3x — 3)

Ta sé ludn co:

(cach nay trinh bay r6i nhél!!!)

(\/x?’— (3x — 3)) (\/ﬁ + (3x — 3)) = x3 —9x2 + 18x — 10

= (x—1)(x*-8x+10)
Co diéu la ta nhan thay biéu thirc can lién hop sé co bac ba. Nhung biéu

thirc ngoai chi co bac hai. Vay bay go chung ta phai lam sao???

R4t don gian. Ta sé 18y x3 — 9x% + 18x — 10 chia cho bi€u thirc bac hai d6
xem du bao nhiéu. Thi ta s€ 1ay biéu thitc du d6 nhan ca hai vé. Con vé cach
trinh bay thi chung ta nén stt dung ddu => r6i sau d6 thix lai nghiém. Tat

nhién phai loai nghiém ma ta can nhan thém roi....
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L01 1ai:

UEPTI(%IK} Truq cap ngay: www.epficl'n.cor“

Piéu kién: x*-1>0<x21

Phuong trinh teong dwong:
2(x* ~8x+10)=7| V¥ ~1-(3x-3) |=0

<:>2(x2—8x+1O)(x—1)—7(x—1)[ﬂ—(3x—3)}:0
@2[M—(3x—3)}[ x3—1+(3x—3)}—7(x—1)[ﬂ—(3x—3)}:0
@_M—(sx—s)}(zmﬂu):o

([ —1=3x_3 (x—l)(x2—8x+10):0<:> =1
| 2Jx-1=1-x (x—l)(4x2+5x+5)=0 {X=4i\/6

Thrtt lai, ta thu dwoc nghiém ctia phwong trinh 1a:
S= {4i Jé}

<
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V. BAITAP TU LUYEN

Giai cac phwong trinh sau:

Ma 0010: (4%’ —x—7)v/x+2 =10+4x—8x*
Ma 0011: x°-2x*+3x+3y10-x* =11
Ma 0012: 15x* +12x+12=10(2x+1)/x* +3
Ma 0013: x2+5x:4(l+M)
Ma 0014: 1+3x=(x-x*)(5+15+6x—9x
Ma 0015: (2x+2)\x® +x+2 =x? +5x+2
M3 0016: x* ++C = (x+4)(x+5)

Ma 0017: x*+6x+1=(2x+1)v/x? +2x+3
Ma 0018: 8x”+3x+(4x* +x-2)\x+4 =4
Ma 0019: 4x* —3x = (x+2)32x% +2x -1
M3 0020: X228 _(x.1)(Vx32-2)

x?—2x+3

Ma 0021: (5x-16)Vx+1=x*- x—20(5+\/5x+9)
Ma 0022: (6x2 +12x—6)\/2x—1 =x3 +22x% —11x
Ma 0023: 6x®+15x% + X +1=(3x% + 9x + D)v/x2 —x +1

Cac ban co thé tra 1oi giai chi tiét tai website
http://www.eptich.com
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Trong tai liéu nay khong thé tranh khéi nhitng thidu sét nhat dinh. Moi thac
méic cac ban ¢é inbox hoi minh nhé!!!
Viminh co chuyén ca nhan neén tai liéu nay sé tam thoi dirng ¢ day. Mong

cac ban thong cam. Cam on cdc ban da doc tai liéu nay!!!!

Trang ca nhan
http://fb.cominhin.gie.97
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EI((E')IIII TPU[J CClp ngay. www., QPhCI'I.COm

Sau day minh xin gtti toi cac ban dap an ¢ bai tap tw luyén. Vi khong cé

thoi gian nén minh khong thé trinh bay moét cach tron ven. Rat mong cac

ban thong cam.

MOT SO BAI TAP PHUONG PHAP “EP TiCH”
GIAI PHUONG TRINH VO TY

Bai 1: [0010] Giai phwong trinh:

(4x* —x—7)Vx +2 =10 + 4x — 8x% (18)

DK:x = -2
Khi d6 (18) & —(2x + 3)[1 + 5x — 4x%] + (4x8{x 27) (V¥ + 2 -
(2x — 1)) =0
(W (2x — 1)) [(5x +4) + 2x +3)Va+t2] =0
o (Vatz-@x-1D)[7(a+ 1) FRxr +3)Wx+2 - 1] =0
& (Vatz-@x-1)(Vxp2-1)[7Vx +2 +2(x +5)] =0
@ (Wx+2-2x+1)(Vx+2-1)=0

Ban doc tu giai...

Bai 2: [0011] Giadi phwong trinh:

x3 —2x* +3x+3y10—x2 =11 (16)

Khi d616). © x% —2x%2 +3x+3V10—x2 - 11 =0
& =D —x+2)+3(V10-x2-3)=0
& (V10— 22 - 3)[(x®? —x + 2)V10 —xZ2 + 3(x — 1)?| =0

Ban doc tu giai.........
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Bai 3: [0012] Giadi phwong trinh:

15x% + 12x + 12 = 10(2x + 1)/*2 + 3 (15)
VI>0 VP >0 =>2x+1>0=>x>—>
Khi d6 (15) <> —3(35x% + 36x + 6) + 10(2x + 1)(6x+3 —Vx2 +3) =0
& (6x+3-Vx2+3)(2x+1-3VaxZ+3) =0

Ban doc ty giai.......

Bai 4: [0013] Giadi phwong trinh:

x*+5x =4(1++x3 +2x2% —
DK: x € [-1—+/5;0] U [-1 + V5; + )

Khi d6 (14) & x% — 7x — 4 + 4(3x =V/x34 2x%2 — 4x) = 0
& —(x3—7x% —4x) —4x(3x —Vx3 +2x%2 —4x) =0

& (3x — Va3 + 2x% — 4x) (Va3 ¥2x2 ~4x—x) =0

Ban doc ty giai.....

Bai 5: [0014] Gidi phwong trinh:

1+3x=(x—x%)(5++/15+ 6x — 9x2

PK-1<x<:
Khi d6 (18),&>\1 +3x = (x — x2)(V15 + 6x — 9x2 — 4) + 9(x — x2)

& (x=xH)(V15+6x—-9x2—4)+ (—-9x2 +6x—-1) =0

& (W15+6x—9x2 —4)(4+x— x> +V15+ 6x—9x%) =0

Do4+x—x2>0‘v’x€[—1;§]nén4+x—x2+\/15+6x—9x2>OVxE
5

EH

Ban doc ty giai.......
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TOAN HO

Bai 6: [0015] Giadi phwong trinh:

2x +2)yx2+x+2=x>+5x+2 (10
Phuong trinh da cho twong dwong:

x+1)2 =2+ DVa2 +x+2+ @2 +x+2) = (x — 1)?
2
& (x+1-Va2+x+2) =(x—1)>

Ban doc ty giai.......

Phuong trinh da cho twong dwong:
Z(x+1)(2x—\/x2+x+2) =3x2—-x-2
& 2x—VxZ+x+2) (Va2 +x+2-2)=0

Ban doc ty giai.......

Bai 7: [0016] Gidi phwong trinh:

3 +x3=(x+4)(x+5)(11)

bK:x >0

Khi d6 phuong trinh da cho twong duwong:

X+ Va3 —x?—9x=20=0¢ (x—4) (x> +3x+3)+ (Vx3-8) =0
(Va3 -8)2¥? +7x+19) =02 Va3 =8 ®x=4

Vay S ={4}

Bai 8: [0017] Giadi phwong trinh:

x’2+6x+1=02x+1)Vx2+2x+3 (8)

PK:x €R
Khidé (8) ® x2+2x—1+ (2x+1)(2—Vx2+2x+3)=0
®(2-Vax2+2x+3)(2x—1—-Vx2+2x+3)=0
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Ban doc ty giai........

Bai 9: [0018] Giadi phuwong trinh:

8xZ+3x+(Ax*+x—-2)Vx+4=4 (7)

bK:x = -4

Khi d6 (7) < 8x3 + 14x% — 6 + (4x + x - 2) (VA + 4 - (2x + 1)) =0

@ —(2x+2)(3 - 3x—42%) + (4x? +x—2) (VA + 4 - Qx+1)) =
& (Vatd-@x+D)[5x+4+@xP)Vr+4] =0

Ban doc ty giai.....

Bai 10: [0019] Giai phwong trinh:

4x* —3x = (x +2)/2x2 +2x — 1 (5)

DK: x € (—00; — 1+2\/§] U [@, +oo)

Khi do (5) ¢ 2x% —6x+ 2+ (x4 2)(2x —1—-V2x2+2x—1)=0
®2x—-1-vV2x2+2x—-1)(3x+1+V2x2+2x—1) =0
Ban doc ty giai........

Bai 11: [0020] Giai phwong trinh:
=(x+1D{Hx+2-2) (3)

x2+2x—8
x2—-2x+3

PK: x=>2-2
Khi d61(3) <& E2- 4)(’”4) = x+1D)(WVx+2-2)

x2-2x+

& (Vrrz-2) [ 2ert) _ (x+1)]=0

2_2x+3

o (Vx+2z-2)|ax+d(VaF2Z-@-D)+ @+ D@ +x-1)|=0
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&Wx+2- 2)(\/x+ — (x - 1))((x+1)\/x+ + x2 +x+3)=0
Tacé((x+1)\/x+2+x +x+3)>—£+ >0
Khidé (3) @ (Va+2-2)(Va+2-(x—1)) =0

Ban doc tw giai.....

Bai 12: [0021] Giai phwong trinh:

(5x —16)Vx + 1 = /x2 —x — 20(5 + V5x + 9) (12)

DKx>5

Khi d6 (12) & Vaz —x —20(5+V5x +9) + [25 <(5x +9)]Vx + 1 =0
& (5+V5x+9)[(5-V5x+9)Vx+1+Vx2—x—20}=0

& 5Vx+1+VaZ2—x—20=,/(x+ 1(5x+9)

& 5(x2 —x—20)(x +1) = 2x% = 5x +2

& 5/(x2 —4x—5)(x +4) = 2(x2=4x=5)+ 3(x + 4)

& (Va2 —4x—-5—-Vx+4)(2V¥2—4x—-5-3Vx+4) =0

Ban doc tu giai......

Bai 13:[0022] Giai phwong trinh:

(6x* +12x —6)V2x — 1 = x3 + 22x% — 11x (1)

bK: x > >

Khi d6 ()i>~2x3+ 16x2 — 8x + (3x2 + 6x —3)(x —2vV2x—1) =0
& (x=2v2x—1)(x2 +6x—3 —4xV2x—-1) =0

SYx—2V2x —1)[-3(x? —2x+1) +4x(x—V2x—-1)| =0

& (x-2v2x-1)(1-vV2x-1)(x-3vV2x-1) =0

Ban doc tw giai.......
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Bai 14:[0023] Giai phwong trinh:

6x3+15x2 +x+1=3x?+9x+1)VyxZ—x + 1(2)

Giai:

Phuong trinh da cho twong dwong:
@3MAx3+13x2+7x+1) - Bx2+9x+ 1)(VaZ —x+1+2x+2)=0
& —(4x+1)Bx2+9x+3)+Bx2+9x+ 1) (Va2 —x+1+2x+2)=0
& (Vaz —x+1+4+2x+2)[(4x+ DVa2—x+1— 5z +x+ 1) =0

& (Vat—x+1+2x+2)(Va2 —x+1—-2x)[2x+1 - Va2 =x+1] =0
Ban doc tuy giai....

Bai 15: [0024] Giai phwong trinh:

3x
Bx+1)y2x2—-1=5x>+—-3 (4

2

bK: x € (—w;—ﬂ]u E;+OO)

Khi d6 (4) < 10x2 +3x — 6/— 2(3x+1)V2x2 -1 =10

7x%2 —4x -8+ (Bx+1)(x+22V2x2-1) =0
<::>—((x+2)2—4(2x2—1))+(3x+1)(x+2—2\/2x2——1)=O
SBx+D(x+2-2V2x2 1) - (x +2-2V2x2 - 1)(x + 2 +
2V2x2-1) =0
<:>(x+2—2x/ﬁ)((3x+1)—(x+2+2\/m))=0
& (x P2-2V2x2 —1)(2x —1-2V2x2 1) =0

Ban doctuer gidi.......
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Bai 16: [0025] Giai phwong trinh:

2x2 +5x—1="7+/x3 -

bKix>1
Khi d6 (6) ¢ 2x* —16x+20+7(3x =3 -Vx3-1) =0
& (Bx—3-Vx¥-1)(1-x+2vx3-1)=0

Ban doc tu giai.........

Khidé (6) @ 2(x2+x+1)+3(x—1)—7y/(x— D2 +x +1)=0
@ (2Vx2+x+1-Vx—1)(Va2+x+1-3Vx ~1)=10

Ban doc ty giai..........

Bai 17: [0026] Giai phwong trinh:

x2—x—-2+Vx+2=vV3x-2(9)

PK:x > 2

Khi d6 (9) @ 2(x + D(x —2)+2(vVx+2-V3x—2) =0
® WVx+2-V3x-2)2-x+D(Vx+2++V3x-2)| =0
SVx+2=+vV3x-2

Ban doc ty giai.«...

Bai 18: [0027] Giai phwong trinh:

Va3 +11x2+18x+ 6 = x(x2+7x+10) + 2vx—1 (17)

PKix =1
Khi @6 (17) < 4x% + 4x + 10 = 4,/ (x% — x)(x2 + 7x + 10)

& 3(x% —x) + (% + 7x + 10) = 4/ (x%2 — x)(x2 + 7x + 10)
& (BVa2 —x— Va2 + 7x+10)(Vax2 —x —Vx2 + 7x + 10) = 0
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Trich tir Cau 5 trong dé 16p offline cia Thay Pang Thanh Nam

Giai phuwong trinh: [0028]
x*+x—-5+/—x2+6x+16=(x—-1)V8—x+4Vx+2

Loi giai:
Piéu kién: x € [-2; 8]
DitVx+2=tte|0;V10| > x =2 -2
Khi d6 phuong trinh da cho tewong dwong:

—3t2 -3+ t/10 — 2 = (% — 3)V/10 — ¢2 + 4t
Sttt —3t2—4t-3=(t:-t-3)V10 - ¢2
S-t-3)(*+t+1-vV10-t2) =0
<:>(tz—t—3)(t2+t—2+(3—m))=o
<i>(t2—t—3)(3—m)((t+2)m+4t+7)=0(*)
Dot € [0;V10] nén (¢t + 2)V10 + t2 +4t+7 > 0
(¥) < (2 —t—3)(3 —V10 —£2),=0

@t=""Bhogcr=1
Suyra:x = %hoécx =+1
Vay nghiém cuaphuong trinh da cho la:
1++v13
S = {—1; > }

Loi giai dwoc trinh bay boi Pham Qudc Dong
Note: Vioi nhitng dang bai kiéu thé nay. Cac ban cdc dé dang dit mot can Ia
t r6i giai phuong trinh theo an t. Ltic nay ép tich 1a kha dé dang. Vi thoi

gian khong cho phép nén trong 10i giai c6 cat di mot s6 budc nho. Xem day
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nhw 1a mot cach bién d6i cho nhitng dang kiéu nay. Nhung khong phai lac

nao ciing sé dung. Cai d6 danh cho ban doc tim hiéu.
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Cau hoi cua ban Vii Van Minh

Giai phuwong trinh: [0029]
16x* —24x2-3+8V3—-4x=0

Loi giai:

Piéu kién: x < %

Phuong trinh da cho twong dwong:
(4x? —4x+1)(4x* +4x-3) +8(V3 —4x—2x) =0

& (V3 —4x—2x)(2(4x® — 4x® + x — 4) + (4% — 4x + 1)V3.4x) = 0 ()

Do x <> nén 2(4x% — 4x% + x — 4) + (4% —4x F )3 TAx < 0

() V3 —dx = 2x © {4x2 X

1
> X ==
OSxS% Y332

Vay nghiém ctua phwrong trinh da cho la:

1

s=t)

Loi giai duoc trinh bay bdi Pham QudcDong
Note: Liéu rﬁ?mg ban c6 dang thdc mic vi.sao ta lai chon biéu thirc 2x dé
ghép véi V3 — 4x khonhg? Danh cho ban doc suy nghi vay.
Viéc chitng minh 2(4a3 - 4x*> + x — 4) + (4x*> —4x + 1)V3 —4x < 0
khong c6 gi lam\tréingai cac ban chit? Minh lam hoi tat cdc ban thong

cam...
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Trich Cau 7.a Dé thi dinh ky 1an 3 cia Nhom Toan [3K] [0030]

2x—1+V3x—2=+/8x2—-2x—-2

winN

Diéu kién: x >
t2+2

Déthx—2=t,t20—>x=T
Phuong trinh da cho twong dwong:

2t2+2 A 2 $2\° , £2 + 2 ,
"3 B 3 3

4 2 2
@WZZ; +t+§<:>x/8t4+26t2+2 =2t* +3t+1

®{8t4 +26t% +2 = (2t> + 3t + 1)2@> {(Zx ~1)2(x—-1)*=0
2t +3t+1=>0 2t*+3t+1=>0

& t=1hoact = %
Suy ra: x = %hoe_‘icx =1
Vay nghiém ctua phwong trinh da cho la:

3

s= {71}

Loi giai duoc trinh bay,boi Pham Qudc Dong
Note: Véi bai toan nay: th1 khong cé gi la dac biét. Mau chot o day 1a ta quy
hai can vé mot ean sé don gian hon nhiéu. Dac biét la khi xuat hién can bac
nhat.
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Cau hoi ctia ban Nguyén Quéc Ha:

Giadi phwong trinh: [0031]
x*—6x2-3+8/3-2x=0

Diéu kién: x S;

Phuong trinh da cho twong dwong:
x*—6x*+8x—3+8(V3-2x—x)=0

& x—-1)2@-2x—x?)-8(V3-2x=x)=0

& (V3-2x—x)(x—-1?3(V3-2x+x)=8)=0

& (V3-2x—x)(x® —2x% + x — 8 + (x — 1)%/3—2x) =0 ()

DoxS;nénx3—2x2+x—8+(x—1)2m<0

3
(*)¢>\/3—2x=x<i>{ XSXS% dor=1
x—1x+3)=0

Vay nghiém cta phuong trinh dachovla:
s = {1}
Loi giai dugc trinh bay boi Pham Quéc Dong
Note: Liéu c6 ai dang tir hoi rang vi sao lai ghép v3 — 2x véi x hay khong
nhi? Cau tra 10i danh cho bamdoc. Ciing khuya roi
Hué, 00:29, ngay 15 thang 10 nam 2015
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Cau hoi ctia ban Nguyén Quéc Ha:

Giai phwong trinh: [0032]
xt*+2x-21+vx—1=0

biéu kién: x > 1
Phuong trinh teong duong:

x*+2x-20+(Vx—-1-1)=0
& x-2)x3+2x2+4x+10)+ (Vx—1-1)=0
& (Va—1-1)((® + 222 + 4x + 10) V— 1 + 23 + 2x% +4x 4+ 11) = 0
& (\/m—1)((x3—3x2+3x—1)\/m+5(x2—2x+1)\/m+
11(x — DV —1+ 17x/m+x3+2x2+4x+11)=0
@(m—1)(x3+zx2+4x+11+m7+5m5+11\/m3+
17Vx—1) =0

<2:>(\/x—l—1)((x—1)(x2+3x+7)+18+\/x—17+5\/x—15+

1VE=T +17Vx = 1) =0 (¥)

7 5
Dox>1nén (x—1)@&*+3x+7)+18+Vx—1 +5J/x—1 +

11V =1 +17\x—1.> 0
D VX=1=1T® x =2
Vay phuong trinh co nghiém la :
S = {2}
Loi giai'duoc trinh bay boi Pham Qudc Dong
Note: Bai nay c6 th€ giai theo cach khac. Trinh bay khd reom ra mang nang
vé tinh toan. Muc dich 1a phan tich tai sao ban Pham Minh Chanh lai lam

tat khién ngueoi doc khé hiéu.
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Cau hoi ctia ban Quéc Vy

Giai phwong trinh: [0033]
4Vx +2+V22 -3x=x>+8

Piéu kién: x € [—2;%
Patvx+2 =¢tte [0;% Sx=1t*-2
Khi d6 phuong trinh twong duwong;:

4t ++/28 — 3t2 =t —4t* + 12
& (6 —t—28—312) +i(t2 +3t+3)(4t2— 12t +8) = 0
& (6 —t — V28 —3t2)(t3 — 3t> — 15t — 14 — (¢* + 3¢+ 3)V28 — 3¢2) =
0(+)
Dote[o; nén t3 — 3t2 — 15t =14 2.(t2% 3£ + 3)V28 — 3t < 0
(NS 6—-t=V28—-3t2 t?2 —3t+2 =0
& t=1hoact=2 - x = —1hoacx = 2
Vay nghiém ctua phwong trinh da cho la:

S={—-1;2}

Loi giai duoc thuwce hién boi Pham Quoc Dong

=

Note: Bai toan nay khéng nhat thiét phai lam nhu thé nay. Nhung vi don
gian la toi dang\lamitheo hudng ép tich.

Thiét ké va teinh I)(\]lj béi Dl'ngm Quéc D(’an
Hoﬂine: 01698699020 — Email: quocc]onqqh@qmail.com



http://www.eptich.com/
http://www.eptich.com/
http://www.eptich.com/?p=33
http://www.eptich.com/
http://www.eptich.com/
http://www.eptich.com/?p=33
http://www.eptich.com/
http://www.eptich.com/
http://www.eptich.com/
http://www.eptich.com/?p=33
http://www.eptich.com/
http://www.eptich.com/
http://www.eptich.com/?p=33
http://www.eptich.com/
http://www.eptich.com/
http://www.eptich.com/
http://www.eptich.com/?p=33
mailto:quocdongqh@gmail.com
http://www.eptich.com/
http://www.eptich.com/
http://www.eptich.com/?p=33
http://m.me/nhin.gie.97
http://www.eptich.com/
http://www.eptich.com/
http://www.eptich.com/?p=33
http://www.eptich.com/?p=33
http://www.eptich.com/?p=33

_ I(%Ilf} Tpuq cap ngay: www.epiicl'l.com

TOAN HO

Cau hoi cia ban Nguyén Vian Ha

Giai phwong trinh: [0034]

2x +1+xyx2+2+(x+1V/x2+2x+3 =0
Piéu kién: x € R

Phuong trinh da cho twong duwong:
x+D(VaZ2+2x+3-VaZ +2)+2x +1+ Rx+ 1DVaZ +2=0
& @+ D)(VaZ+2x+3-VaZ+2)+2x+ 1D(1+Vx2 £ 2) =10
& (Va2 +2x+3 Va2 +2)[x+ 1+ (1 +Va% +2)(VaZ + 2x.+3 +

VxZ +2)]=0
& (Va2 +2x+3-Va2 +2)[(1+ Va2 + 2) Va2 +2x +3 + Va2 + 2 + (2% +
x+3)]=0

<2=>\/x2+2x+3=\/x2+2<:>2x+1=0<:>x=—%
Vay nghiém ctua phwong trinh dacho-la:
5= 3]
2
Loi giai duogc thuc hién boi Pham Quoe Bong

Note: Cach ctii cac banding cuoi
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Cau hoi caa ban Moon Spirit

Giai phwong trinh: [0035]
4x3 +3x—-2(x+1V4x+1=0

biéu kién: x > 0
Phuong trinh teong duong:

x(4x* —4x - 1) +2(x+1D(2x—Vax+1) =0
& (2x—Vax +1) (Z(x +1) +x(2x + \/T-I-l)) =0
& (2x —Vax +1)(2x% + 2x + 1 + xV4x +1) = 0(%)
Dox > 0nén2x?+2x+1+xV/4x+1>0
() 2x =Vax + 1 4x* —4x— 1 — 0 p= 1R
Vay nghiém cta phuong trinh da cho la:

L5

2
Loi giai dugc trinh bay boi Pham Qudc Pong
Note: Cac ban ¢4 thé 1am thee cach xétham dat trung f(t) =3+t
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Bai tip ctia thiy Trung Nguyentien ngay 22 thang 9 nam 2015

Giai phuwong trinh: [0036]
(x—2)Vx—1=+V2x-2

Loi giai:
Diéu kién: x > 1
Binh phuong hai v€ cia phuong trinh:
[(x - 2Vx—1].= (V2x - 2)°
> x3—7x>+4(2+V2)x—-8=0
> (x—4+2V2)[x2 - (3+2V2)x+ 4+2V2]=0

> x= 4— 242 hodic x 3+2\/_+\/1+4

Tht lai, ta thdy nghiém cua phu’ong trinh la:

3+2\/_+\/1+4

4-2V2

Loi giai dugc trinh bay boi Pham Qudc Pong
Note: Ciing chang c6 gi 1a hdp dan ca. Sang sém ranh rdi khong biét chi lam

thi luyén tap giai phwong trinh'bac 3 vay thoi.
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Trich dé thi hoc sinh gi6i thanh phd Ha N6i ndm 2015 - 2016
Giai phwong trinh: [0037]

2 —2x2+5x+7=x3—-3x*—x+12

an  n 7
biéu kién: -1 < x < 2

Phuong trinh teong duong:

2/-2x2+5x+7—-8+x=1x3—3x2+4
& 9(2V-2x2+5x+7—-8+x) + (x ¥1)(4(-2x2 + 5x +7) — (8 —x)%) =
0
& (2V-2x2 +5x+7 -8+ x)(—x% + 7Tx + 17.+2(x +
1)V-2x2+5x+7)=0
&> 2V-2x2+5x+7=8—-x 9x —2)2 =0
Fx=2
Vay nghiém ctua phwong trinh da cho la:

S = {2}

Loi giai duoc trinh bay bdi Pham QudeDong

Note: Vi bai toan nay thi ta thay kha don gian. Ta c6 thé si dung rat nhiéu
cach d€ giai. Nhung o day t6i dinh hudng theo cach ép tich nén sé 1a ép
tich. Viéc nhdm nghiém va xac dinh nghiém kép kha 1a don gian chang can
phai cao siéu vé CASIO.
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Bai tip ctia ban Hung Le héi trén nhém “ VIDEO BAI GIANG CASIO
MEN”

Giai phuwong trinh: [0038]
6x>+3x -3
V7x — 1

+Vvx+2=2x+3

Giai:
biéu kién: x > %
Phuong trinh teong dwong;:
6x2+3x—-3+Vx+2V7x—1=@x +3)V7x=1 (1)

Ditvx+2=tt> |= suyra:x=t%—2

Khidé (1) < 6t* — 21t2 + 15 + tV7t2~ 15= (2t* — 1)V7t2 — 15

& (¢ —1)(6t% + 6t> — 15t — 15 — (2t + 1)V7t2 —15) =0

& (t—1) [(Zt +1)(t+1-V7t2—15)— (@ + 1) ((t +1)2 — (7t - 15))] =
0

& t-D(E+1-V7t2 —15)(&® + E+1)V7t2 - 15) =0

<::>(t+1—\/7t2—15)=0(Do>\/Z75)

1+v97
6

St+1=V7t2=156t2-2t—16=0t =

13+v97

DX =
18

Vay phwong trinh c6 nghiém la:

(13 ++97
| 18
Loi giai dugc trinh bay boi Pham Qudc Bong
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TOAN HO

EPTICH

Cau hoi ctia ban Nguyén Qudc Phong
Giai phwong trinh: [0039]

x2—3x+2_x2+2x—8

Vx +2 x?—-2x+3

Giai:
biéu kién: x > —2
Phuong trinh teong duong:

(x-2)(
Truong hop 1: x = 2

x—1 x+4 )_
Vx+2 x2=2x+3)

Truong hop 2:
x—1 x+4

Jx12. x2—2x+3
S -2x+3)(x—-1)=(x+DAx+2
S x-DE-1D2-x+2)]+H (x+DxE-1- Vx+2)=0

@(x—r—Vx+n(u—iwx+2+ﬂ—x+5)=0

2 _ —
@x—l=dx+2®{x 3xs1=0g , _3+/13

x=1 2
Vay phuong trinh cémnghiém la:
3++v13
S = {Z ; > }

Loi giai dwge trinh bay boi Pham Qudc Bong
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Cau hdi cua ban Thai Sang’s

Giai phwong trinh: [0040]
x3 —2x2-39x+40V2x—1=0

Giai:
Diéu kién: x > %
Phuong trinh teong dwong;:
40(V2x—1-x)—x(2x—1-x*) =0
& (V2x—1-x)(40-x(VZx—1+x)) =0
& (V2x—1-x)(x*-40+xvV2x—1) =0
& (VZx—1-x)((x+8)(x - 5) $x(v2x =1 -3)) = 0
& (V2x—1-x)(V2x—1-3)(5x+24 + (x+8)V2x—1) =0
& (W2x-1-x)(V2x-1-3) =0
< V2x—1=xhoicV2x —1r=3
&x=1hoacx =5
Vay phuong trinh c6 nghiém la:
§ =1{1,5}
Loi giai duogc trinh bay béi Pham Qudc Dong
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Cau hoi ciia ban Nguyén Viét Anh:

Giai phuwong trinh: [0041]
= x%*(4x* — 25x + 18)

biéu kién:x > -1
Phuong trinh teong duong:
5V1+x3 = 4x* — 25x% + 18x% — 5
& 5(V1+ a3 —2x —2) = 4x* — 25234 18x% — 10x — 15(1)
Xeét x = —1 khong thoa man (1)
Xétx + —1
Khi d6 (1)
S5+ 1D)(V1+x3-2x—2) =% - 5x+ 5@+ x> - (2x+2)2) =0
S(V1+a3—2x—2)(8x% —2x% “5x.+ 54+ (4% —5x+5)V1+x3) =0
& VI +x(VI+25 - 2x — 2) ((8xF =10%+ 5)VI + x + (42> — 5x +

5)Vax2 +x+1) =0
SVI+a3=2x4+20 (x+1)K%*+5x-3)=0
<::>x2—5x—3=0<::>;vc=5i;/ﬁ
Vay nghiém cua phuong trinh la:
{5 + \/37}
S=—7+—
2
Loi giai dugc trinh bay boi Pham Qudc Bong

Note: C6'd6i ban sé thac mac tai vi sao phai lam duong nhu c6 vé phtic tap
van déway. Nhung thua rang day dang lam theo dinh hwéng ép tich nén
bai giai dugc trinh bay theo phong cach nhw thé!!
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